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Abstract
Field measurements of the characteristics of the bottom-reflected lidar echo signal were conducted in the waters of 

Bechevinskaya Bay. The studies employed the APL‑3 airborne polarization lidar (sounding pulse energy of 45 mJ, re-
ceiving optical system diameter of 100 mm, and system response function duration at the 0.5 level of 10.8 ns). The depth 
range during the investigations varied from 3 to 22 m, while the flight altitude ranged from 500 to 1200 m. The hydrooptical 
characteristics of the bay waters were assessed based on lidar sounding data. For the analysis of field measurement data, 
areas with similar values of the lidar attenuation coefficient were selected. The results of field experiments demonstrated 
that the relationship between the magnitude of the lidar echo signal and the length of the sounding path for water layers and 
the seabed is more complex than what is suggested by the conventional form of the lidar equation. The introduction of an 
additional term into the lidar equation, which defines the dispersion of the irradiance distribution in the cross-section of an 
infinitely narrow beam of light passing through a water layer of a given thickness, allowed for a more accurate description of 
the obtained experimental dependencies. The registered effect must be taken into account when designing lidar systems, as 
well as during the processing and analysis of lidar survey data.
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Аннотация
Натурные измерения характеристик отраженного от дна эхо-сигнала выполнены в акватории Бечевинской 

бухты. При проведении исследований использован авиационный поляризационный лидар АПЛ‑3 (энергия 
зондирующего импульса 45 мДж, диаметр приемной оптической системы 100 мм, длительность импульсной 
характеристики лидара по уровню 0,5–10,8 нс). Диапазон изменения глубин при проведении исследований 
составил от 3 до 22 м, высота полета менялась от 500 до 1200 м. Оценка гидрооптических характеристик вод бухты 
проводилась по данным лидарного зондирования. Результаты натурных экспериментов показали, что зависимость 
величины и формы лидарного эхо-сигнала от протяженности трассы зондирования при регистрации слоев воды 
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и морского дна имеет более сложный вид, чем это следует из общепринятой формы записи лидарного уравнения. 
Введение дополнительного члена в лидарное уравнение, определяющего дисперсию распределения освещенности 
в поперечном сечении бесконечно узкого пучка света, прошедшего через водный слой заданной толщины, позволило 
более точно описать полученные экспериментальные зависимости. Зарегистрированный эффект необходимо 
учитывать при проектировании лидарных комплексов, а также при обработке и анализе данных лидарной съемки.

Ключевые слова: батиметрический лидар, батиметрическая съемка, лидарное уравнение, высота зондирования, 
геометрический фактор

1. Introduction

Marine profiling (radiometric) lidars enable the solution of a number of oceanographic problems [1–3]. 
Among them, we can highlight the registration of the positions of light scattering layers [4, 5], the determina-
tion of hydrooptical characteristics of the near-surface layer of seawater and their spatial variability [6–9], as 
well as the observation of internal waves [10–12]. A special focus is placed on laser bathymetry [13]. This is the 
most developed area of lidar remote sensing. Several lidar bathymetric systems are known, designed as certified 
measuring instruments [14–16]. Such systems are used to register the variability of the sea floor depth in shallow 
coastal sea areas, to monitor the condition of navigation channels, and for studying the bottoms of inland water 
bodies and rivers [16, 17].

The lidar sounding path consists of atmospheric and underwater segments. Depending on the target of 
the sounding and the water transparency, the length of the underwater segment can range from a few meters 
to several tens of meters. The range of variation for the atmospheric segment is significantly greater. In un-
derwater lidars, the atmospheric segment is absent. In shipborne lidars, its length typically varies from 1 to 
20 meters. In airborne lidars, the length of the atmospheric segment can range from 50 meters to 500 meters. 
In certain cases, it may extend to lengths of 1 to 2 kilometers [18] and even up to approximately 10 kilometers 
[19]. When the lidar is placed on a satellite, the length of the atmospheric segment can increase to hundreds 
of kilometers [20].

Typically, in the process of lidar surveying, the altitude at which the lidar is positioned remains fixed, re-
sulting in a lack of experimental data regarding the dependence of survey results on altitude. Nonetheless, the 
length of the atmospheric segment significantly affects the amplitude and shape of the lidar echo signal decay. 
Works [13, 21, 22] utilize an analytical solution to the transfer equation in a small-angle approximation to 
investigate the influence of the sounding path length on the magnitude of the echo signal reflected from the 
seabed. The dependencies of the echo signal amplitudes reflected from the surface, water column, and seabed 
on the sounding path length, derived from calculations [13, 21, 22], differ from the widely accepted inverse 
square law. They exhibit a more complex behavior. The aim of this study is to experimentally investigate the 
dependence of the amplitude and shape of the echo signals reflected from the water layers and the seabed on the 
lengths of the atmospheric and underwater segments of the sounding path.

2. Materials and Methods

2.1. Description of the Equipment

For the research, the airborne polarization lidar APL‑3 (developed by the Shirshov Institute of Oceanology 
Russian Academy of Sciences [23]) was utilized. The digital four-channel oscilloscope LeCroy HDO4034 was 
employed for digitizing and recording the lidar echo signals. The optical unit of the lidar was mounted above the 
open optical window of the laboratory aircraft at an angle of φ = 15° from the vertical, which minimized the im-
pact of laser beam specular reflections from the disturbed water surface. During the lidar survey, the cross-po-
larized component of the lidar echo signal was recorded. The main technical specifications of the APL‑3 lidar 
are summarized in Table 1.

Table 1

Main technical characteristics of the APL‑3 lidar

Characteristic Value
Wavelength of the sounding radiation, nm 532
Duration of the sounding pulse Δt, ns 7
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Fin table 1

Characteristic Value
Energy of the sounding pulse W0, mJ 45
Sounding frequency, Hz 30
Beam divergence of the sounding pulse 2θ1, mrad 5
Field of view angle of the receiving optical system of the cross-polarized channel 2θ2, deg. (mrad) 2 (35)
Diameter of the input lens of the cross-polarized channel, mm 100
ADC resolution, bits 14
Digitizing frequency of lidar echo signals, GHz 2.5

2.2. Research Area

Experimental studies were conducted in August 2018 in the area of Bechevinskaya Bay in Avacha Bay on 
the Kamchatka Peninsula [18, 24]. The spatial configuration of the flight paths is illustrated in Fig. 1. The 
bay is surrounded by hills with an elevation of approximately 1 km. Safety regulations limited measurements 
to the entrance of the bay. During the lidar bathymetric survey, four flight paths were performed at altitudes 
of 500, 700, 900, and 1200 m. The seabed in the bay is characterized by varying depths, allowing for the ac-
quisition of lidar echo signals corresponding to bottom depths ranging from 3 to 22 m over a relatively small 
area. During the field experiment, the state of the water surface was close to calm, with wind speeds not ex-
ceeding 2 m/s. This is corroborated by visual observations from the aircraft using a camera mounted in the 
photohatch.

Fig. 1. Flight path over Bechevinskaya Bay. The dashed lines indicate the sections 
where lidar sounding was performed. The arrow shows the direction of flight along 

the tracks
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2.3. Lidar data processing method

The processing of lidar data for seabed surveying was carried out using the standard method employed in 
bathymetric surveys [13, 24, 25]. An example of seabed depth determination zb is illustrated in Fig. 2. The refer-
ence point is defined as the moment the echo signal reflected by the surface layers of water. The point of return 
from the seabed is considered its position. Subsequently, the time interval Δtb between the moments of receiving 
pulses from the surface layers of water ts and from the seabed tb is calculated:

	 Dtb = tb – ts.	 (1)

The bottom depth zb is determined by the formula:

	
2

w b
b

c t
z

D
= ,	  (2)

where cw is the speed of light in seawater. In the case where the bottom return signal is located on the trailing 
edge of the lidar echo signal, the amplitude of the bottom signal Pb is determined as the difference between the 
peak amplitude of the bottom return and the amplitude of the water column signal at the time corresponding 
to the peak of the bottom return. An example of such an echo signal, acquired from an altitude of 900 m at a 
bottom depth of 12.7 m, is shown in Fig. 2a. In the case where the bottom return is formed in a section where 
the level of the water column echo signal is below the noise floor of the receiver-recording system, its amplitude 
Pb is measured relative to the noise level. An example of such an echo signal, acquired from an altitude of 500 m 
at a bottom depth of 21.5 m, is shown in Fig. 2b.

а)		  b)

Fig. 2. Examples of lidar echo signals illustrating the method for determining the bottom depth zb and the amplitude of the 
bottom signal Pb, obtained from an altitude of 900 m at a bottom depth of 12.7 m (a) and from an altitude of 500 m at a 

bottom depth of 21.5 m (b)

3. Results and Discussion

The power of the lidar echo signal P as a function of time t is described by the lidar equation [1, 26]. In its 
conventional form, the equation is expressed as follows:
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∫ ,	  (3)

where Z and H represent the lengths of the underwater and atmospheric segments of the sounding path, respec-
tively; cw is the speed of light in seawater; nw is the refractive index of seawater; W0 is the energy of the sounding 
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pulse; A is the area of the receiving aperture; TO is the transmittance of the receiving system; r is the Fresnel 
reflection coefficient for the air-seawater interface; α(Z) is the lidar attenuation coefficient; β′(π, Z) is the effec-
tive value of the volume scattering function (VSF) at the scattering angle θ = 180°. The true depth z can be re-
calculated from Z accounting for the sounding angle φ. The time t is measured from the moment when the 
sounding pulse crosses the water surface. When calculating the bottom-reflected echo signal, the expression 

2 ( , )
2

wc t
Z

D ′⋅ πβ π  is replaced with the bottom reflectance coefficient Rb. The dependence of echo signal power 

P on the sounding path length is determined by the so-called geometric factor (nwH+Z)–2.
The lidar Eq. (3) is derived under the assumption of single backscattering. It also assumes that the receiv-

er’s field-of-view angle is significantly larger than the initial laser beam divergence (θ₁² << θ₂²) and sufficiently 
wide to capture all radiation backscattered from the corresponding water layer depth. Under field conditions, 
due to multiple scattering along the path from the water surface to the target and back, this assumption is not 
always valid. A more universal formula is required that remains applicable when the laser spot at the depth of the 
sounded layer does not fully fall within the photodetector’s field of view. The formula satisfying this requirement 
takes the form [27]:
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where 2θ₂ is the photodetector’s field-of-view angle; bb(Z) = 2πβ′(π, Z) is the backscattering coefficient;  
α(Z) = a(Z) + 2bb(Z), a(Z) is the absorption coefficient; D(Z) is the variance of the irradiance distribution 
in the cross-section of an infinitely narrow light beam after propagating through a water layer of thickness Z;  
bf(Z) = b(Z) – 2bb(Z) is the forward scattering coefficient, with b(Z) being the total scattering coefficient; q is the 
parameter of the forward section of the scattering phase function, which defined as:

	 2( ) exp( )f
qx qθ = − θ
θ

.	  (6)

Equation (4) was derived by computing the power of a single-backscattered pulse signal while accounting 
for multiple small-angle forward scattering events. This calculation employs a solution to the radiative transfer 
equation under the small-angle diffusion approximation as the beam spread function (BSF). Equation (4) in-
corporates the additional term 2D(Z), which quantifies the broadening of both the transmitter’s and receiver’s 
effective radiation patterns. This broadening results from multiple forward scattering during the two-way prop-
agation of light through a water column of thickness Z. When b1 = const, the function D(Z) can be expressed as:

	 3
12

2( )
3

D Z b Z
q

= .	  (7)

The array of field measurement data collected in the Bechevinskaya Bay allows for the assessment of the ap-
plicability of the lidar equation formulations using Eq. (3) and (4) for describing the backscattered signal power 
from the seabed and the water column at a specified depth. The experimental data were processed for seabed 
depths of 8 m, 10 m, 12 m, 15 m, and 17 m, recorded at altitudes of 500 m, 700 m, 900 m, and 1200 m. For each 
of the four altitudes, sounding points were selected for the specified depths that were spatially close and had 
similar values of the lidar attenuation coefficient α, which is dependent on hydrooptical characteristics. It was 
also assumed that the seabed reflection coefficient Rb at the selected points remains constant. The amplitude 
of the echo signal from the seabed Pb was determined for each sounding. The lidar data processing method for 
determining Pb is presented in Section 2.3. For subsequent analysis, the amplitude of the echo signal Pb was 
averaged over 10 successive measurements.

To evaluate the attenuation of the lidar echo signal from the depth Zb and the length of the atmospheric 
segment of the sounding path H, two approximation functions were employed, the forms of which are derived 
from the representations of the lidar Eq. (3) and (4). For convenience, we present formulas (3) and (4) in the 
following form:
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Fig. 3. Values of the echo signal amplitude for the case of 
Fresnel reflection from the water surface PF, as well as val-
ues of Pb for depths of 8, 12, 15, and 17 m. The blue dashed 
line indicates the approximation of the experimental data 
using equation (8), while the red line represents the ap-

proximation using equation (9)
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For each specified depth z, the dependence of the echo signal attenuation P on the flight altitude is 
determined solely by the geometric factor f2(H, z). Consequently, formulas (8) and (9) can be utilized to 
approximate the experimental data obtained for given depths z at various sounding altitudes H. The values 
of functions f1(z) and f3(z) will be constants of approximation determined by the least squares method. 
Figure 3 presents the averaged values of the echo signal amplitudes during Fresnel reflection from the wa-
ter surface PF, as well as values of Pb for depths of 8, 12, 15, and 17 m, recorded from different sounding 
altitudes. The approximation of the experimental data using Eq. (8) is indicated by a blue dashed line, 
while the approximation using Eq. (9) is shown in red. In the case of Fresnel reflection from the water 
surface PF, the approximation curves coincide; however, in other cases, they differ. It is evident that for 
depths greater than 8 m, the approximation curve constructed using Eq. (9) provides a better fit to the 
field measurement data.

Echo signal measurements were conducted for water layers at depths of 3, 8, 10, 12 and 15 m. The ampli-
tude values of the echo signals were measured at the entrance to the bay, where the seabed depth exceeds 22 
m. For different altitudes, sounding points were selected that were closely located in spatial position. Figure 

4 presents the amplitude values of the echo signal 
for the maximum from the upper water layers Pmax, 
where, for cross-polarization, the maximum occurs 
at a depth of approximately 3 m. Additionally, the 
amplitude values P for depths of 8, 12, and 15 m are 
also shown.

Equation (9) demonstrates that by having two re-
cordings of the signal P(H, z) as functions of depth z, 
obtained from closely positioned points at two differ-
ent heights H1 and H2, it is possible to determine the 
function f3(z) as follows:

( ) ( )
( ) ( )

2 1 1 2 2 2
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Fig. 4. Values of the echo signal amplitude for the case of the 
maximum from the upper water layers Pmax, as well as values 
of P for depths of 8, 12, and 15 m. The blue dashed line indi-
cates the approximation of the experimental data using equa-
tion (8), while the red line represents the approximation using 

equation (9)

Figure 5 shows the estimates of the magnitude of the function f3(z) as a function of the sounding depth, 
obtained for water layers using Eq. (13). The red dashed line represents the approximation of the obtained data 
using a function of the type given in (12), which includes a third-degree term in z.

Fig 5. The assessment of the values of the function f3(z) as a function of 
sounding depth, obtained using equation (13)

To assess the contribution of the light intensity distribution variance D(z) to the attenuation of the lidar echo 
signal, we consider the ratio of the values of the functions f3(z) and f2(H, z) for different sounding altitudes as a 
function of the bottom depth (Fig. 6). It is evident that as the sounding depth increases, the contribution of the 
function D(z) becomes significant in comparison to the geometric factor.
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Fig. 6. The ratio of the f2(H, z) and f3(z) function values for 
different sounding altitudes as a function of depth z

The value of f3(z) ≈ 0 is obtained under the assumption that the echo signal is formed due to single scat-
tering from a Lambertian surface located at a depth z, provided that the divergence of the sounding beam θ1 
is small and the field of view angle of the receiving system θ2 is significantly larger than the divergence of the 
sounding beam (i. e., θ1 << θ2). In this case, the diameter of the illuminated area on the bottom Db, lit by 
the sounding beam, equals the product of the length of the sounding path and the divergence of the sound-
ing beam. This condition is satisfied by Fresnel reflection from the water surface, where the diameter of the 
illuminated area is determined solely by the divergence of the sounding beam and is sufficiently small. When 
the bottom is at a depth zb, the contribution of multiple scattering along the path from the water surface to 
the bottom and back results in an increase in the area on the water surface Ds through which the radiation 
reflected from the bottom and entering the receiver emerges. With an increase in zb, the contribution of mul-
tiple scattering also increases. The size of the area Ds becomes larger than the size of the area that falls within 
the field of view of the receiver Dr. As the sounding altitude increases, the ratio of the diameters of the areas 
Dr/Ds decreases, which leads to a reduction in the attenuation rate of the lidar echo signal and, consequently, 
an increase in the contribution of the function D(z). Similar processes occur when reflecting off water layers 
located at fixed depths.

4. Conclusion

The results of field experiments demonstrated that the dependence of the magnitude and shape of the lidar 
echo signal on the length of the sounding path when investigating water layers and seabed exhibits a more com-
plex behavior than what is predicted by the lidar Eq. (3) in its conventional form. This complexity is likely due 
to the contribution of multiple scattering along the path from the water surface to the sounding object and back, 
which causes the scattering of the laser spot at the depth of the sounded layer to not fully fall within the field 
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of view of the photodetector. In this case, the introduction of an additional term D(z) into the lidar equation, 
which defines the dispersion of the illumination distribution in the cross-section of an infinitely narrow beam of 
light that has passed through a water layer of thickness z, allows for a more accurate description of the experi-
mental dependencies obtained. Field experiments are complex and costly, thus Monte Carlo simulation would 
serve as an effective tool for verifying the accuracy of the employed form of the lidar equation. Future work in 
this area should focus on investigating the influence of the aforementioned effect in relation to the lengths of 
atmospheric and underwater sections in waters with varying hydrooptical characteristics.
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